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Three techniques that use carrier information from multiple antennas to enhance
carrier acquisition and tracking are presented. These techniques in combination
with baseband combining are analyzed and simulated for residual and suppressed-
carrier modulation. It is shown that the carrier arraying using a single carrier loop
technique can acquire and track the carrier even when any single antenna in the
array cannot do so by itself. The carrier aiding and carrier arraying using multiple
carrier loop techniques, on the other hand, are shown to lock on the carrier only
when one of the array elements has sufficient margin to acquire the carrier on its
own.

[. Introduction

Combining or arraying signals from multiple antennas has the advantage of increasing the signal-
to-noise ratio (SNR) of the received signal. For example, it is well known [1] that ideally the SNR of
the combined signal is the sum of the SNRs corresponding to the individual antennas. Practically, the
achievable gain depends on the type of scheme being implemented as well as on the characteristics of the
received signal. This article is mainly concerned with three similar techniques that first use information
from multiple antennas to acquire and track the carrier, and then use baseband combining (BBC) [2]
on the carrier demodulated signals to demodulate the subcarrier and detect the symbols. The three
techniques, which work in conjunction with BBC, are carrier arraying using a single carrier loop, carrier
arraying using multiple carrier loops, and carrier aiding. As will be shown shortly, the second and third
techniques are usable for both residual and suppressed-carrier modulation. The carrier arraying with a
single carrier loop followed by the baseband combining technique, however, is not practical for suppressed-
carrier modulation. Practical implementations that demodulate an arrayed suppressed-carrier signal
using a single carrier loop are the full-spectrum combining and/or complex symbol combining techniques
described in [3].

The main difference between the techniques under consideration is that the first, carrier arraying using
a single carrier loop, does not require any single antenna in the array to acquire and track the carrier by
itself. The other two techniques, on the other hand, require at least one antenna in the array to lock the
carrier on its own. The use of these techniques is best illustrated through an example. Consider an array
of one 70-m and two standard (STD) 34-m antennas operating at S-band frequencies (2.2-2.3 GHz) [4].
A typical radio frequency spectrum of the received signal is shown in Fig. 1 in the absence of noise.
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Fig. 1. PCM/PSK/PM square-wave subcarrier signal model.

Assume that Pr/Ny, the ratio of the total received power to the one-sided noise power spectral density
(PSD) level, at the 70-m is 15 dB-Hz; the modulation index is 58 deg, and the symbol rate is 20 symbols
per second (sps). Then, since the ratio of Pr/Ny at the STD 34-m to that at the 70-m is v = 0.17 [1],
the (Pr/No)s4—m = 7.3 dB-Hz. (The ratios of Pr/Ny of typical 34-m antennas in the DSN to the Pr/Ny
of the 70-m are shown in Table 1.) The corresponding P-/Ny are 9.5 dB-Hz for the 70-m and 1.8 dB-Hz
for the 34-m. For this scenario, suppose that the minimum bandwidth required to track the carrier is
1 Hz, and the minimum loop SNR needed to reliably track the residual carrier is 7 dB [5]. Then the
70-m antenna with a carrier loop SNR of 9.5 dB can acquire the carrier, but the two 34-m antennas with
loop SNRs of 1.8 dB are unable to do so. Applying the techniques described in this article, however, still
enables us to make use of the information at the smaller antennas.

Table 1. Gamma factors for DSN antennas.

Antenna size Frequency band ¥i

70-m S-band 1.00
34-m STD S-band 0.17
34-m HEF S-band 0.07
70-m X-band 1.00
34-m STD X-band 0.13
34-m HEF X-band 0.26

Let us discuss the techniques one at a time. Carrier aiding is shown in Fig. 2. Here the 70-m (or master)
antenna in the array first locks the carrier and then passes its reference to the other (34-m) antennas. At
the 34-m antenna, the received signal is first delayed to time align it with the 70-m signal, then open-loop
downconverted to baseband using the 70-m reference, and subsequently coherently demodulated using a
baseband phase-locked loop (PLL). (Note that we arbitrarily assume the signal at the 34-m antenna to be
delayed relative to the 70-m antenna.) When the antennas in the array are colocated, the baseband PLLs
can operate at bandwidths much narrower than otherwise possible, because most of the signal dynamics
are removed by the master reference signal in the downconversion to baseband. In the case of the example
given, the baseband PLL would be able to use a bandwidth much narrower than 1 Hz, because it must
only track the residual Doppler between the 70-m antenna and 34-m antennas. The narrow bandwidth
results in an increased loop SNR, which allows the 34-m antennas to lock the carrier. In this example,
if the modulation index were changed to 90 deg so that the carrier is fully suppressed, the technique in
Fig. 2 could still be used by using a Costas loop instead of a PLL to track the carrier.

Note that carrier aiding is only useful when at least one antenna is able to acquire the carrier on its

own. If this requirement is not met, a different technique, such as carrier arraying using a single carrier
loop, is needed. We begin with the implementation shown in Fig. 3. Here the time-aligned residual carrier
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Fig. 2. Carrier aiding/BBC: system overview.
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Fig. 3. CA/single PLL: system overview.

component at each antenna is filtered and transmitted to a central location, phase aligned, combined, and
input to a single carrier loop. As a result, for a given bandwidth, the loop will lock the carrier provided the
combined signal has sufficient Po/Ny. Ideally, the combined Pc /Ny is the sum of Po /Ny at the individual
antennas. Consider the same scenario as before but with the 70-m antenna replaced by two additional
34-m STD antennas. Under this scenario, carrier aiding cannot be implemented using a 1-Hz loop, as
none of the four 34-m antennas has sufficient Po /Ny to lock the carrier. However, carrier arraying using
a single PLL with a 1-Hz bandwidth can be implemented since the combined Pc /Ny of the four 34-m
antennas is 7.8 dB-Hz. When there is no residual component at f = f. in Fig. 1, the implementation
shown in Fig. 3 cannot be used without modification. The simplest way to handle this case would be to
widen the bandwidth of the bandpass filter (BPF) in Fig. 3 so that it passes the first N harmonics of
the telemetry signal. The harmonics from each antenna would then be transmitted to a central location,
aligned, combined, and tracked by replacing the PLL in Fig. 3 with a Costas loop. Note that the modified
implementation is impractical because it requires the signal to be combined twice: first, as just described,
for carrier tracking and then for baseband demodulation. A more practical implementation along these
lines is full-spectrum combining (FSC) [3], where the signal is combined at IF and then tracked using a
single receiver. An altogether different approach that also uses a single carrier loop but multiple subcarrier
and symbol loops is complex symbol combining (CSC) [3].

Finally, we turn to the carrier-arraying with multiple PLLs technique shown in Fig. 4. As will shortly
be shown, this technique can be viewed as a hybrid of the techniques in Figs. 2 and 3. Here, as in
Fig. 2, the received signal at each antenna (except the master) is first downconverted to baseband using
the master antenna carrier reference and coherently tracked using a baseband PLL. As before, due to
rate aiding by the master, the baseband PLL operates at narrower bandwidths and a higher loop SNR than
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Fig. 4. CA/multiple PLLs: system overview.

in the absence of rate aiding. However, now the master antenna also benefits, because the error signal
from each of the other antennas is added to its error signal. Hence, when all the loops are tracking, the
master PLL also operates at a loop SNR that is improved. In the upper limit, when all the error signals
add coherently, the loop SNR of the master is equal to the ideal loop SNR of the carrier-arraying with
the single PLL technique in Fig. 3. In practice, we can expect the performance of this scheme to be
better than carrier aiding but not as good as carrier-arraying with a single PLL. Note that if the master
cannot acquire the signal on its own, it cannot rate aid the other antennas, and this scheme is unusable.
In the examples considered earlier, this technique would work well for an array of one 70-m and two STD
34-m antennas, but would not be implementable for an array of four STD 34-m antennas that cannot
lock individually. This scheme can be used for suppressed-carrier modulation by replacing the PLL with
the Costas loop.

In this article, the tracking performance of all three techniques is measured in terms of SNR degradation
and symbol SNR loss. Both performance measures have been explained in detail earlier [3]. Briefly, SNR
degradation is defined as the ratio of the SNR at the matched filter output in the presence of nonideal
synchronization to the SNR in the presence of ideal synchronization. Symbol SNR loss is defined as
the additional symbol SNR needed by a system with synchronization errors to achieve the same symbol
error rate (SER) as one with no synchronization errors. In the following sections, analytical expressions
are derived to describe the performances of carrier arraying using a single PLL and carrier aiding. The
performances of these systems were also obtained via simulations and seen to agree closely with the
theory. Performance for carrier arraying using multiple PLLs is obtained via simulation only.
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Il. Single Receiver Performance

We begin with the performance of a single receiver, as it is the basis for the analysis of the schemes
in Figs. 1 through 3. In deep-space communications, the downlink symbols are first modulated onto
a square-wave subcarrier that, in turn, modulates an RF carrier [6]. As shown in Fig. 1, this has the
advantage of transmitting a residual carrier component whose frequency does not coincide with the data
spectrum. In general, the downlink deep-space signal can be represented as [6]

r(t) = V/2Prsin [wet + 6 d(t) Sqr(wset + bsc) + 0] + n(¢) (1)

where Pr is the total received power in watts (W), and w. and 6. are the carrier angular frequency in
radians per second (rad/s) and phase in rad, respectively. The Sqr(wsct + 0sc) = sgn(sin(wsct + 8s¢)) is
the square-wave subcarrier with angular frequency ws. rad/s and phase 5. rad. The signum function
sgn (x) equals +1 when its argument is positive and —1 otherwise. The modulation index, §, ranges from
0 to 7/2. The carrier power Po = Prcos? 8, and the data power Pp = Ppsin?§. When § = 7/2, the
signal is “suppressed-carrier” modulated. In this case, the downlink signal spectrum is as given in Fig. 1,
but without the residual carrier at f.. The symbol stream, d(t), is given by

=3 diplt - kT) @)

k=—o0

where d, is the +1 binary data for the kth symbol and T is the symbol period in seconds. The baseband
pulse, p(t), is unity in [0,T) and zero otherwise. The bandpass noise, n(t), can be written as

n(t) = V2n.(t) cos(wet) — V2n4(t) sin(wet) (3)

where n.(t) and ng(t) are statistically independent, stationary, band-limited, white Gaussian low-pass
noise processes with one-sided PSD level Ny (W/Hz) and one-sided bandwidth W,, (Hz).

As shown in Fig. 5, the deep-space signal is demodulated using a receiving chain consisting of a carrier-
tracking loop, a subcarrier-tracking loop, and a symbol-synchronizer loop. If § < 7/2, a PLL is used for
carrier tracking. When § = /2, however, carrier tracking is achieved using a Costas loop. Computation
of the degradation and loss begins with the expression for the soft symbols, vy, in Fig. 5. From [1,6],

VPpC.Csedy + g d, = dy—1
Uk = VPpC.Clse (1 - M) dp +ng  dy 7"é di—1 (4)
T

where the noise ny is Gaussian with variance 02 = Ny/(2T). The signal reduction functions C, and C..
are due to imperfect carrier and subcarrier synchronization and are given as [1,6)

C. = cos ¢, (5)

Csec

2
1= 2o (©)

where ¢. and ¢, denote the carrier and subcarrier phase tracking errors, respectively. The symbol timing
error, ¢, which affects the output only when there is a symbol transition (i.e., when dy # di+1), reduces
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Fig. 5. Single receiver: overview.

the signal amplitude by 1 — (|¢sy|/7). Ideally, ¢ = ¢psc = ¢sy = 0 and Eq. (4) reduces to the familiar
matched filter output v igeai = V/Ppdy, + ny, as expected. In writing Eq. (4), it is assumed that the
carrier, subcarrier, and symbol loop bandwidths are much smaller than the symbol rate so that the phase
eITors ¢, ¢sc, and ¢, can be modeled as constant over several symbols.

Throughout this article, the density function of ¢, is assumed to be Tikhonov,! that is,

w |pe] <7 residual-carrier case
(¢c) = ZW{OZ)C) 2 (7)
Pel@e) =) exlll/4)pe cos 26.) |pe| < T suppressed-carrier case
mLo((1/4)pc) 2

otherwise

where Ij(v) = 1/m foﬂ e” %% cos(kf)do is the modified Bessel function of order k, and p. is the carrier
loop SNR. From [7],

Pc /N
Cé o residual-carrier case
e PD/NO 1+ 1 - suppressed-carrier case (8)
B, 2E,/N PP

where the symbol SNR E; /Ny = PpT /Ny and B, Hz is the carrier loop bandwidth. The subcarrier and
symbol densities, psc(Psc) and psy(¢sy), are assumed to be Gaussian. Hence,

_exp(—¢?/202)

pb(asl) - \/ﬁ y 1= SC, 8Y (9)

where o2, is the reciprocal of the subcarrier loop SNR, ps., and ny is the reciprocal of the symbol loop
SNR, psy. The subcarrier [7] and symbol [8] loop SNRs are respectively given as

2\° Pp/N, 1 -t
=% 1 10
Pse <w) WSCBSC< +2ES/N0> (10)

_ Pp/No
Psv =92, B,,

(erf (v/Es/No) = (Way/(2/m)) v/Es/No exp (—(ES/NOD)Q
(14 BNy 2) = (W22) [(1 V) 050 (B N0) + VB Raert (VET)] )

X

(11)

LTt is assumed that the Costas loop locks at zero phase error. The 7 lock point can be handled by an appropriate
transformation [6].
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where erf(z) = (2/y/7) [ exp(—v?)dv is the error function, and B, and B, (in Hz) denote the single-
sided subcarrier and symbol loop bandwidths, respectively. The parameters Wy, and W, which denote
the subcarrier and symbol window, are unitless and limited to (0, 1].

A useful quantity needed to compute degradation and loss is the symbol SNR conditioned on ¢., ¢,
and ¢s,. The conditional symbol SNR, denoted by SSNR’, is defined as the square of the conditional
mean of v divided by the conditional variance of vy, i.e.,

(vk/¢ca ¢sca ¢sy)2

SSNR' = :
U’I’L
9P T
]\Z c2C?, d = dp_;
2PpT 2 (
N Ok (1 '¢Sy') di # di—
0

where (7/y) denotes the statistical expectation of  conditioned on y, and vy and o2 are defined earlier.

A. Degradation

The symbol SNR degradation is defined as the symbol SNR at the matched filter output in the presence
of imperfect synchronization divided by the ideal matched filter output SNR. The nonideal symbol SNR,
denoted as SSNR, is found by first averaging Eq. (12) over the symbol transition probability and then
over the carrier, subcarrier, and symbol phases. It can be shown that [1]

2PpT

SSNR==—--C2C2,C?, (13)
0

where the signal amplitude reduction due to symbol timing errors is denoted C,, and given as
sy
Coy=1-— 2—73 (14)

for a transition probability of one-half. The average of the signal reduction functions is [1]

1 Iy (p.
— [1 + 2(p )} residual-carrier case
Yar 2 Io(pe)
1 [1 + A(( /4)'00)} suppressed-carrier case
2 IO((1/4)pc
— 32 1 4 1
CZ =1\ 5S—+ 55— 16
sc 71_3 \/@ + 7T2 psc ( )
— 2 1 1 1
Cc2, =1—\=—+4+-—— (17)
Y T Psy  4T2 psy
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Ideally, when there are no phase errors (i.e., when p. = psc = psy = 0), C_g = 0_826 = C—gy = 1 and
Eq. (13) reduces to SSNR;4eai = 2PpT /Ny, as expected. The degradation, D, for a single antenna is
thus given by

SSNR

D = 10log,g (SSN—Rdl> = logyy C2 C2. C2, (18)

Note that the degradation defined in this way is a negative number.

B. Loss

The SER for the single receiver in Fig. 5, denoted Ps(FE), is defined as [2,3]

/ / / E)pe(b)pse(dse)psy (dey) A5y drscddse = f ( ]Ji—()) (19)

P Psc Ps sy

where f(-) is the functional relationship between SER and y/FEs/Ny. The quantity P.(E) is the SER
conditioned on the phase errors ¢., @s¢, and ¢,,. Following similar steps as in [9], the conditional SER
can be shown to be

P/(E) = % erfe (\/SSNR’ when d, 2 dk,l) + i erfe <\/SSNR/ when dj, = dk,l) (20)

where

erfc ( \/_ /exp Hdv =1 — erf(x) (21)

is the complementary error function. Substituting Eq. (12) for SSNR’ in Eq. (20) yields

[ Es sy | Es
AT cYsc 1- A7 cYsc
NOC C. ( - NOC’ C

Ideally, when there are no timing errors, Eq. (19) reduces to the well-known binary phase shift keyed

(BPSK) error rate, Ps(E) = 1/2 erfc (1/Es/Np).

1
+ — erfc

1
P/(E) = = erfc 1

; (22)

Symbol SNR loss is defined as the additional symbol SNR needed in the presence of imperfect syn-
chronization to achieve the same SER as in the presence of perfect synchronization. Mathematically, the
SNR loss due to imperfect carrier, subcarrier, and symbol timing references is given in dB as

L =20log [f_l(PS(E))} |[infinite loop SNR] 201og [f_l(PS(E))]

[finite loop SNR] (23)

where f(-) and P,(E) are as defined by Eq. (19). The first term in Eq. (23) is the value of Es/Ny required
at a given value of P(E) in the presence of perfect synchronization, whereas the second term is the value
of E/Ny required for imperfect synchronization. Note that loss defined in this way is a negative number.
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lll. Carrier Array Using a Single PLL

Carrier arraying using a single PLL followed by BBC is shown in Fig. 3. This scheme is similar to
the single receiver in that signal demodulation uses a single PLL, subcarrier loop, and symbol loop. Two
main differences, however, are (1) the IF residual carrier signals are combined so that the PLL operates
at a higher loop SNR than in the single receiver case, and (2) after carrier demodulation, the baseband
signals are also combined so the subcarrier and symbols operate at a higher loop SNR as well.

Due to different path lengths, the received signal at antenna i is delayed by 7; s relative to
antenna 1. After complex downconversion to an appropriate IF, the signal at antenna i can be rep-
resented as [1]

’I“i(t) = Tl(t — Ti>
=/ Pr, exp {j [wrt — werin + 6d(t — ) Sar|wse(t — 7i) + Ose,] + 0]}

+ni(t) exp {j [wrt + 0,1} (24)

where for an L-antenna array, ¢ = 1,2, -+, L. The carrier phase of the ith signal is 0., (t) = 0., (t) + Af;(t)
where Af; represents the differential Doppler between the signal ¢ and the signal 1. (Antenna 1 has
arbitrarily been chosen as the reference antenna.) All other parameters in Eq. (24) are as defined in
Eq. (1), except for wy, which denotes the carrier IF frequency. Here the noise n;(t) is a complex noise
process with a one-sided PSD level equal to 2Ny (W/Hz). As shown in Fig. 3, each IF signal is first
filtered to extract the carrier component and then transmitted to a central location where it is phase
aligned and combined with carrier signals from other antennas. The phase alignment and combining
algorithms are shown in Figs. 6 and 7. Note that the combining algorithm here is almost identical to
that used for the full-spectrum combining technique described in [1,3], the difference being that here the
output of the bandpass filter in Fig. 3 is the residual carrier component, whereas in [1,3] it was the first
N harmonics of the telemetry signal. The filter output, rr, (¢) in Fig. 6, is given as

rF,(t) = \/ Po, exp [j(wrt + bc, )] + np, (£) exp [ (wrt + 6c,)] (25)
for i =1,---, L. Here Pg, is the received carrier power at antenna i, and the noise np,(t) is a complex

bandpass Gaussian noise. The signals g, (t) (i # 1) are phase aligned with rp, (¢), scaled by the optimum
weighting factors [2,10], 5; = (/Pc,; No1)/(v/Pc, Noi), and then combined. Combining the carrier signals
in this way maximizes the combining gain [10].

Let 0;; = Af; denote the phase difference between signal i and the reference signal before phase
alignment. Then the signal rx, (¢) is aligned with the reference rp, (t) by rotating rp, (t) by e~7% for
i = 2,---,L. The estimate [11], 6;1, is obtained using the algorithm in Fig. 7. Denote the phase

alignment error A¢;; = 0;1 — 0;1. Then the variance of Adg;1 is related to the SNR of the phase difference
estimator by [1,3,11]

2 ~ 2
OApi 2 SNR;; ( 6)

where [11]
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2Tcorr((P01)/(N01))
L+ (1/7) + Beorr[1/((Pc,) /(Noi))]

SNRy = (27)

The parameter B, denotes the single-sided bandwidth of the BPF in Fig. 3, T, denotes the estimation
interval, and the ratio v; = (P¢; /P, )(No1/Noi) is called the antenna gamma factor. These ratios are
shown in Table 1 for several DSN antennas operating in S-band or X-band (8.4-8.5 GHz).

The IF carrier signals after phase compensation, denoted Z¢, (¢) in Fig. 6, are given as
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Ze. (t) =/Pc. eIlwrt+01(H)+Adi (1)] +n; (t)ej [wrt+01(t)+ A1 (t)] (28)

The combined signal, Z¢(t), obtained by taking the weighted sum of Z¢, (t) is a complex tone plus noise.
Namely,

L
Zo(t) =Y BiZo,(t) (29)
=1

Following the same steps as in [1,3], the power of the complex tone in Eq. (29) averaged over A¢;; can
be shown to be

L L
Py = Poy Y 775055 (30)

i=1j=1

where CT-J-, the average signal reduction function due to phase misalignment between the signal i and the
signal j, is given as [1,3]

Q

9 2
B {e<1/2>[aml+wﬂl m+#n (31)
1

ij =
m=n
Similarly, the one-sided PSD level of the combined noise at the carrier loop input is given by [2]

L

2N08ff =2 N01 Z’yi (32)
i=1

Referring to Fig. 6, the PLL input is formed by taking the real part of the combined signal Zq(t).
Consequently, the PLL loop SNR is given by

o Pcco'm.b /Nocff
= 7BC

L L L =
Pc, /No, Yt + il Z?;l 173 Cij
- B L (33)
¢ Zi:l Vi

where the bracketed term is the improvement in loop SNR due to arraying.

A. Carrier Demodulation

Since the PLL input is formed by aligning the phase of signals 2 through L with the phase of signal 1,
the PLL reference is tuned to signal 1 and can be used without modification to demodulate the carrier
at antenna 1. Carrier demodulation at antenna i (for ¢ # 1), however, can be performed only after
aligning the phase of the PLL reference to that of the carrier at antenna . That is, carrier demodulation
at antenna i is performed after rotating the PLL reference by e/%1. Also note that since the carrier
reference at all antennas is derived from a single carrier loop, the SNR degradation and loss due to
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imperfect carrier synchronization is the same for all antennas. That is, in the telemetry channel, the
carrier signal reduction function for antenna ¢, denoted by C.,, is given by

Ce, = cos ¢ 1=1,2,--- L (34)

where 07 = 1/p., and p, is given by Eq. (33).

Assume that the baseband combiner in Fig. 3 perfectly time aligns the signals before combining
them;? then, following the same steps as in [1,11], it can be shown that the combined symbol stream at
the matched filter output can be written as

\/mcccscdk + ng dk = dk,1
V = s
F vV PD1 gcomchCsc (1 - ¢7Ty> dk —+ ng dk 74— dk—l

(35)

where the conditional gain factor, denoted g.omsp, is given by

L L L
Jcomb = Z ’7721 + Z Z fY'rLmeCnm (36)
n=1

n=1 m=1
n#m

and the noise ny, is a Gaussian random variable with variance 02 = Ny_7/2T. Defining the conditional
symbol SNR as before yields

2Pp. T
]\le Ocombcgcgc dk = dk—l
SSNR' = ) (37)
2Pp, T .
o CeombCECE, <1 - M) di, # di—
01 s
where
Zﬁ:l ’72 + Zﬁ:l Ze";l Y ¥mCnm
Ccomb = il (38)

L
Zn:l Tn

is the degradation due to imperfect phase alignment. The last equation is useful in computing the symbol
SNR degradation and SER loss as shown below.

B. Degradation

The SSNR degradation is defined as the ratio of the SSNR in the presence of imperfect phase alignment
and synchronization to the ideal SSNR (no phase errors). The degradation is obtained by computing the
SSNR in the presence of phase errors (averaging Eq. (37) over A¢;1, ¢c, ¢sc, and ¢sy) and then dividing

that result by the ideal SSNR. (SSN Rigear = ((2Pp, T)/(No1)) Si, 7). Hence,

2 This assumption simplifies the analysis without affecting the relative performance of the schemes. Note that the uncom-
bined signals are not assumed to be perfectly phase aligned.
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where C,, is given by Eq. (31). The quantities C2, C2,, and C—S?y are given by Eqgs. (15) through (17)
with the modification that the loop SNRs pe, pse, and ps, presented in Eqgs. (8) through (11) are now

computed using the combined power-to-noise level, or Pc/Ny,,,, which is found from Egs. (30) and (32).

C. Loss

The SER for the array in Fig. 3 is computed using the same procedure as in the single receiver case.
Therefore, the SER is given by averaging the conditional SER over all the phase errors. Assuming that
the phase alignment errors, A¢;1, are independent for ¢ =1, -+, L we have [3]

f=f [ ][ [

e —0O0 —00 — oo

L

6)P(s0)p(dsy) X (H p(A%))] dAGdds,ddscdd.  (40)

n=2

L—1

where A@= (A¢pa1, -, A¢p1) are the resulting L — 1 phase alignment errors. The A@ are independent
and identically distributed Gaussian random variables with variance given by Eq. (26). The statistics of
the error processes ¢., ¢sc, and @5, were described earlier. After substituting Eq. (37) in Eq. (20), the

conditional SER becomes
1 | Eg1
+ Z erfc [ N—OlembCCCSC] (41)

where Eg1/No1 = Pp,T/No is the symbol SNR at antenna 1. Ideally, when there is no combining and
the synchronization errors Ceomp = Ce = Cse = 1 — |dgy|/m = 1, the SER given in Eq. (40) reduces to

the well known BPSK symbol error rate, Ps(E) = 1/2 erfc (\/ 51/N01(Zn 17Vn)), where (Zﬁzl V) 18
the ideal combining gain. The SNR loss is given by Eq. (23) after using Eq. (40) for Ps(E).

D. Numerical Examples

The use of Egs. (39) and (40) is illustrated here by computing the degradation and loss for the system
in Fig. 3 when L = 2 and 4.

1. Array of One 70-m and One STD 34-m Antenna. Consider again an array of one 70-m
and one STD 34-m antenna operating at S-band. Then from Table 1, with 3 = 1 and ~2 = 0.17, the
ideal gain 10log;y(71 + 72) = 0.68 dB. The degradation to the ideal gain versus the 70-m symbol SNR
(Es1/No1) is shown in Fig. 8 for a symbol rate of 200 sps and a modulation index of 70 deg. In Fig. 8,
the degradation for the end-to-end system in Fig. 3 is shown by the solid line and obtained by evaluating
Eq. (23). The degradation due to the individual components is shown by the broken lines. For example,
the degradation due to the carrier loop, shown by the top line (CA) in Fig. 8 is found by assuming that
all the other components in the array have ideal operation, that is, by evaluating Eq. (23) as follows:

DI(SN Ry =puu=puy—=oc] = 1010g C2 (42)
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Fig. 8. SSNR degradation for an array of two different antennas.

The second line from the top (SC) is the degradation due to the carrier and subcarrier, and the
bottom line (SY) is the carrier, subcarrier, and symbol or total degradation. The IF carrier combining
and baseband telemetry combining degradations are not shown individually because they are negligible.
Note that it was shown in [1] that the total degradation in dB is approximately equal to the sum of the
individual degradations. Results obtained by simulating the system in Fig. 3 are indicated by the circles.

SER curves needed to compute the loss are shown in Fig. 9. The bottom curve is the SER assuming an
array with ideal gain (0.68 dB). The SER for nonideal gain, Eq. (40), is shown by the curve in the middle.
Simulation results for a nonideal array are shown as circles. At the top is the nonideal performance for
a single 70-m antenna, Eq. (19). In the example, the conditional SNR, P.(E) in Eq. (40), is given by
Eq. (41) with

2 2
+ 2
Ccomb = n e + RNE COS(A(Z)?l) (43)
Y1t+7v2 12

where v; = 1 and vy, = 0.17.

The degradation and loss for various SERs are given in Table 2. The second column in the table is
the symbol SNR needed (at antenna 1) for an ideal array to achieve the SER in column 1. The loss
in the third column is the additional SNR needed by a nonideal system to achieve the same SER as
an ideal one. For example, to achieve an SER of 1072, an ideal array requires that Eg;/Ng; = 3.7 dB,
whereas a practical system would require that Es1/Ng; = (3.7 4+ 0.5) dB. The degradation in the fourth
column is the reduction in the ideal SNR gain observed at the matched filter output. For instance, in
our two-antenna example, since the symbol SNR at the 70-m antenna is ideally equal to 3.7 dB, then the
observed or measured combined symbol SNR would be (3.7 4+ 0.68 — 0.5) dB.

2. Array of Four 34-m Antennas. Analytical and simulation results for the symbol SNR degra-
dation of an array of four 34-m STD antennas (i.e., L = 4 in Fig. 3) are shown in Fig. 10. In this
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Fig. 9. SER for an array of two different antennas.

Table 2. SNR loss versus SSNR degradation (array
of one 34-m STD and one 70-m antenna).

SER Es1/No1 Loss, dB Degradation, dB

10~1 -1.5 -1.3 —1.2
10—2 3.7 -0.5 -0.5
10-3 6.1 —0.4 —0.4
10~4 7.7 -0.3 —0.3

case, because all the antennas have the same efficiency and aperture, 7; = 1 for all <. The analytical
degradation is computed as before, using Eq. (39) with Cepmp given by Eq. (38) as follows:

Ceomp =1+ %[COS(A%Q + cos(Agsz1) + cos(Agyr)

+ cos(A¢pz1 — Apar) + cos(Apyr — Agar) + cos(Adyr — Agsr)] (44)

SER for this example is shown in Fig. 11. Curves are obtained for an array with ideal gain (10log;,(4) =
6 dB), nonideal gain [Eq. (40)], and a single receiver with nonideal synchronization [Eq. (19)]. Degradation
and loss for various SER values are tabulated in Table 3.

IV. Carrier Aiding

In carrier aiding, the “master antenna” is assumed to lock on the carrier and, subsequently, rate aid the
other antennas. As shown in Fig. 2, the received signal at antenna ¢ = (2,---, L) is first downconverted
using the carrier reference from the master antenna and then tracked using a baseband PLL. If we assume
that all the elements in the array are colocated, the ith PLL can operate at much narrower bandwidths
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Fig. 11. SER for an array of four identical antennas.

than in the absence of rate aiding, because it need only track the Doppler dynamics relative to the master
antenna. After carrier demodulation, the signals from each antenna are sent to a central location where
they are time delayed, weighted, combined, and then passed through a chain of subcarrier loop, symbol
loop, and matched filter. Degradation and loss for this scheme are derived as before. However, now the
degradation and loss are a function of the phase error of L carrier loops. Two quantities that are needed
to derive the performance of this system are the loop SNR of the ith carrier loop, p.,, and the joint
probability density function of the carrier phase errors @ = (¢¢,, dey, -+, ey )-
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Table 3. SNR loss versus SSNR degradation (array
of four 34-m STD antennas).

SER Es1/Not Loss, dB Degradation, dB

10-1 —6.9 —1.3 -1.3
102 -1.7 —0.5 -0.5
10-3 0.77 —0.4 —0.4
104 2.4 —0.35 —0.3

A. Derivations of P., and Joint Probability Density Function of @

Since the operation of the master PLL in Fig. 2 is unaffected by the PLLs at the other antennas,
its loop SNR, p,, is given by Eq. (8). The aided loop, on the other hand, is directly affected by the
performance of the master PLL, so its loop SNR can be expected to be related to the loop SNR (and
bandwidth) of the master antenna. For residual and suppressed-carrier modulation, the aided-loop loop
SNR, denoted p.,, is shown in the Appendix, using Fokker-Planck, to be

1 & 2446, +56 +38, 177

Pe; = |7 +
e, Bper 1+2(& + & +&5) + &,

(45)

where, for residual carrier modulation, p'C = (Pg,/Noi)/Be,, and, for suppressed-carrier modulation,
plci = (Pp,/Noi)/B., (1 + (1/2Esi/N0,;))_1- The parameter £;1; denotes the ratio of the loop bandwidth
and is given by

§ui= 5+ (46)

Some insight into the last equation can be given by examining the relationship between the master and
aided loops in the following four cases: (1) B., — o0, B, fixed, (2) B., — 0, B, fixed, (3) B., — 0, B,
fixed, and (4) B., — o0, B, fixed. Note that cases (3) and (4) are of most interest because, in practice,
B., < B., and, equivalently, £1; > 1.

Case (1): In the limit B,, — oo, the loop SNR p., — 0, as expected. Case (2): Recall that in our
model of the IF signals [see Eq. (24)], the phase at antenna i is given by 6; = 61 + Af;1, where 6 is the
phase of the master antenna and A#;; is the phase at antenna 7 relative to antenna 1. If the master loop
is tracking, the phase input to the ith loop is ¢., + Af;1, where ¢., is the tracking error at antenna 1.
Now suppose that the master loop is tracking 6y perfectly (i.e, ¢., — 0, or alternatively, p., — oo and
B., — 0); then intuitively we can expect the master loop not to degrade the tracking performance of the
aided loop. Letting B., — 0 in Eq. (45), we find that p., — p;i, which is independent of p.,. Case (3):
As B, — 0, pc; — pe,, as shown in Fig. 12 for the case of a 70-m and a 34-m antenna. The broken line
in the figure is obtained by evaluating Eq. (45), whereas the circles represent simulation results for two
PLLs in cascade. One way to view this result is by letting the received phase at both antennas be the
same (i.e., Af;; = 0 for i # 1). Then, the input to the second loop is the noise process ¢.,. Intuitively,
we would not expect the second loop to be able to reduce the phase error or noise from the first loop.
Hence, it seems reasonable that even for loop bandwidths approaching zero, the loop SNR of the ith loop
can never be greater than p.,. Case (4): The limit B., — oo implies that loop 1 is not tracking the carrier

189



and, therefore, the signal into the cascaded loop is one mixed by an incoherent reference. Hence, in this
case, we can expect the cascaded loop not to track its input either. The inability of the cascaded loop to
track the signal is shown in Fig. 13, where, in the limit, p., approaches zero. From the above cases, we
can conclude that p., < p, .
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Fig. 12. Loop SNR limit case (3).
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Fig. 13. Loop SNR limit case (4).
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Next we turn to the derivation of p(¢e,, ¢y, -+, dc, ), which is needed to determine the SER and loss.
We begin with the derivation of p(¢e,, ¢¢,). Note that, from 6; = 6; + Ab;;, it is clear that for i # 1, 6;
and 6; are not independent. Assuming that p(¢., ) is Thikonov distributed as in Eq. (7), the joint density
p(¢;, ¢1) is derived in the Appendix to be

exp |:Oéz' cos (fi)c,; - ﬂli\/Md)cl) + Pey cos(qjcl)}
P(Bers bes) = (2m)2 1o (i) Io(pe, )
1 Pe; exp [(Oéz‘/4) cos [2 (¢ci - mM%ﬂ + (pe, /4) cos(2¢cl)]
(2T (/D) To (po /)

residual-carrier case

suppressed-carrier case

(47)

where a; = p., /(1 —n3,), and where the correlation coefficient, 7;;, is shown in the Appendix to be

_ | Pc €i 1+ 48, + 35%1
i = o 2 3 A (48)
Per | 3 1428+ &+ &) + &5

Some insight into Eq. (47) can be given by once again considering the extreme cases when B,., — 0 and
B., — 0o. We have already seen that when B,, is fixed and B,, — oo, then p., — 0. Hence, in this limit,
the loop is unable to track, and we can expect p(¢.,) to be uniformly distributed in the interval [—, 7]
for the residual-carrier case and in the interval [—(7/2), /2] for the suppressed-carrier case, respectively.
It can be shown that

p(¢01)|Bci —o0 = _lim p(¢01 s Pe; )d¢c1

¥ nd
by

1 . .
— residual-carrier case
— ) 2r (49)

1
—  suppressed-carrier case
™

for both cases in Eq. (47). Similarly, it can be shown that when B, is fixed and B., — 0, the density is
given as

lim p(¢cl ’ ¢c¢ )dd)cl

c;
beq

p(¢ci)‘Bci:O

i

M residual-carrier case
_ 21 lo(pe, ) (50)
exp|(pe, /4) cos(2¢c;,)]

mlo(pe, /4)

suppressed-carrier case

Notice that the last equation is a function of the master-loop loop SNR p,, not p.,. This is consistent
with our earlier result, where we concluded that the upper limit of the aided-loop loop SNR (i.e., as
B.; — 0) is equal to pe, .
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The joint probability density function (pdf) p(¢e,, Pey, -, @, ) is found by applying Bayes Theorem,
namely,

p(¢cla¢02v ) ¢CL) = p(¢cza T ¢cL|¢C1)p(¢C1)

= P(be; )P(Des | Pey )P(Pes Py ) -+ P(Pep | Dey )

L
= oI [%} (51)

where p(¢.,) and p(¢.,, ¢.,) are given by Egs. (7) and (47), respectively. The last equation simplifies to
its final form because p(¢c, /¢c,) and p(¢c, /¢.,) are independent for i # j.

One more quantity needed to describe the performance of carrier aiding is the joint pdf of ¢,, and ¢,
for m # n and m,n # 1. We start with the identity

p(‘bcm ) chn) = / p(¢cl s ¢cm , d’cn )d¢cl (52)
beq
Using Eq. (51) for p(¢e, , ¢c,, s ¢e,, ), Wwe have

p(¢cmv¢cn) _ / p(¢clad)cp?;lj(;ﬁcla(bcn)dqsq (53)

c1

B. Performance of Carrier Aiding

Assuming as before that the time delay for each antenna is perfectly estimated, then following the
same steps as in [1,2], the samples of the combined signal at the output of the matched filter are given by

L
vV Pp, <Z 'Yicci) Cyedy + 1y, dr = dk—1
Rl p—r 6] 64
PDI (Z ’yicci) Osc (1 - ;y ) dk + Ny dk 7é dk—l
=1

where C., = cos(¢.,), and all other terms are as defined earlier. The symbol SNR conditioned on ¢,
¢sc, and ¢g, is given from Eq. (12) as

2Pp, T
%Ccombcfc di = di—1
SSNR/ = ot 2 (55)
2Pp, T .
2 CloombC2, (1 - M) dy # d—1
No1 ™
where
2
comb = — ——75
Zf:l ,‘Y’L
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1. Degradation. Proceeding as in Section III, the SSNR degradation for this case is determined by
averaging Eq. (55) over all the phase errors and then dividing the result with the ideal combined SNR.
Hence,

L L L ~
Zm:l %%’LCCQ,,L + Zmzl Z n=1 ’Ym’YnCcm,Cn
D =10log,, |C2.C2, nZm

57

where C2 ' is given by using the appropriate loop SNR in Eq. (15), and C_fp and C’—Ey are as defined earlier.

The first moment of the joint carrier degradation, C, .. , is defined as

mCn )

Ccm,cn = / / COS(chm) COS(¢cn )p(qf)cm, @bcn )d(bcm d(bcn (58)

ben Pem

After substituting Eq. (53) for the joint pdf, we have the following equation that must be computed
numerically:

CCm’Cn — / / / COS(d)Cm) COS(¢)CW) |:p(¢61 Y ¢Cm )p(¢61 ) ¢Cn) d¢c1 dgbcm d¢cn (59)
p(Pey)
Gen Bom ey
Ideally, when there are no phase errors (i.e., when pe, = psc = psy = ), C2 = C,, ., = C% = cz, =1

and Eq. (57) becomes zero, as expected.

2. Loss. The carrier-aiding SER for an L antenna array is defined as

/ / / / / PJ(E) X [p(¢5e)P(0sy) X P(ersberr+ bey )] dbeddsyddse  (60)

bsc bay bey bey  bey

where d¢e = dde,dde, - - - dpe, . The conditional SER, P.(E), is obtained by substituting Eq. (55) in

Eq. (20). After some algebra, we have
) — Lerge [ /Bt e\ L1 [ B
PS(E) = 4erfc NOl Ccomszc p + 4 erfc N01 Ccombcsc (6]—)

where Eg1/Ng1 = Pp,T/Np: is the symbol SNR at the “master” antenna and Ciopmp was defined earlier
in Eq. (56). Again, as a check, we note that, when there are no timing errors, Eq. (61) reduces to the well

known BPSK error rate for an ideal array of L antennas, namely, Ps(E) = 1/2 erfc ( Ele(Esi/NOi)).

C. Example: Array of One 70-m and One 34-m Antenna

The degradation and loss for carrier aiding using residual carrier and suppressed-carrier modulation
are presented here for a two-element array of one 70-m antenna and one STD 34-m antenna. As in the
carrier-arraying with a single PLL case, the 70-m antenna is chosen as the reference antenna so y; = 1
and v, = 0.17. Furthermore, the symbol rate is 200 sps, and the modulation index for the residual carrier
case is 70 deg.
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The analytical results for residual carrier modulation are obtained by using the PLL loop SNR in
Egs. (57) and (60), whereas the results for the suppressed case use the same equations with the Costas
loop SNR instead. The analytical [Eq. (57)] and simulated degradation results for residual and suppressed-
carrier modulation are shown in Figs. 14 and 15, respectively. The individual degradations due to the
carrier (CA), subcarrier (SC), and symbol (SY) tracking error are shown by the broken lines. As before,
the individual degradations are obtained by using infinite loop SNR in Eq. (57) for all the loops except
the one whose degradation contribution is desired.

The SER performance for the residual case is depicted in Fig. 16 and in Fig. 17 for the suppressed case.
In both figures, the curves shown are for an array with an ideal gain of 0.68 dB; an array with nonideal

gain, Eq. (60); and the nonideal performance of a single 70-m antenna, Eq. (19). Simulated SER results
for the nonideal array are shown as circles. Note that the conditional SER in Eq. (60) for this example

is given as
Esl (Ocl + 72002)2 ‘Qbsy‘
—=2 (|1 - —=
No1 M+ 72 7T

For the residual carrier case, degradation and loss at specific SER values are shown in Table 4.

+ erfc (62)

\/& (Ccl + ’Y2C(:2)ZCSC

1
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Fig. 14. SSNR degradation for an array of two different antennas (CA-aid).

V. Carrier Arraying Using Multiple Carrier Loops

Carrier arraying using multiple carrier loops is shown in Fig. 4. As explained earlier, this scheme is
an improvement over carrier aiding because feedback from the aided loops enables the master loop to
operate at a higher loop SNR than in the absence of feedback. The disadvantage of this scheme is that,
for the array to get started, at least one of the antennas seems to require to lock on the carrier. For
residual carrier modulation, this technique has been partially analyzed [12,13] and also demonstrated [13].
In [12], analytical expressions for the phase error variance (due to thermal noise) of the master loop, as
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Fig. 16. SER for an array of two different antennas (CA-aid).

well as the aided (slave) loops, were presented. An extension of this theory that included the effects of
oscillator phase noise on loop jitter was given in [13]. Analytical expressions for degradation and loss for
the end-to-end system have yet to be presented. In our study, we obtained results for the degradation
and loss by simulating Fig. 6. We would like to note that we were not able to match certain intermediate
simulation results with the theory presented in [12]. Specifically, we found that the loop SNR of the
aided loop obtained via simulations differed substantially from the theory presented in [12]. The cause of
this discrepancy, we believe, is due to neglecting all the terms (including first-order terms) involving the
carrier loop bandwidth ratio, B, /B, , in evaluating the integral [12, Eq. (60)].
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Fig. 17. SER for an array of two different antennas, suppressed carrier (CA-aid).

Table 4. SNR loss versus SSNR degradation
(carrier aiding: array of one 34-m STD and one
70-m antenna).

SER Es1/No1 Loss, dB Degradation, dB

10-1 -1.5 —1.4 -1.3
10—2 3.7 —0.6 —0.5
103 6.1 —0.4 —0.4
10~4 7.7 —0.3 -0.3

The deviation between the existing theory for residual carrier modulation and our simulation results is
illustrated using an array of one 34-m high efficiency (HEF) antenna and one 34-m STD antenna operating
at S-band. Let the 34-m STD be the master antenna; then, from Table 1, y1 = 1 and 2 = 0.07/0.17 =
0.41. The ideal gain is 10logyq (71 + 72) = 1.5 dB. For simulation purposes, we set (Pc/No)srp = 10 dB-
Hz, (Pc/No)ugr = 6.1 dB-Hz, and B, srp = 1 Hz. Hence, without arraying, the master-PLL loop SNR
is 10 dB. The master-PLL loop SNR in the arrayed system, denoted p. s7p, should be higher than 10 dB,
due to error signal feedback from the aided loop. Note that the improvement in the master-PLL loop
SNR, which is maximum when the error signals add coherently, can be expected to be an upper bound
on the ideal arraying gain (14 ~2), or 1.5 dB. The loop SNR, p. s7p, is shown in Fig. 18 as a function of
the ratio between the master loop bandwidth and the aided-loop bandwidth, B, ggr. The bottom solid
line in Fig. 18 is the loop SNR of the master loop predicted by the analysis in [12]; applying our example
to the result in [12, Eq. (26)] yields

1 30570
63
PsTD = 03561 \ (63)

where pgrp = ((Pc/No)stp)/Be.stp = 10 dB is the nominal master loop SNR, and
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Fig. 18. Effective loop SNRs.
A =4G(1+2G) +4G(5 + G)E + 4(7G — 1)€% + 4(1 + 5G) €3 + 12¢* (64)
§ = 4G? +4(3G — 1) +8GE* + 4(1 + G)&* + 4¢* (65)

where £ = Be prpr/Be,stp, and G = 71 + 2 is the ideal gain. Note that the above expressions are for
a carrier loop with a second-order loop filter with the damping parameter » = 2. The maximum gain or
improvement predicted by Eq. (63) can be found by keeping B, srp fixed and letting B. ggr — 0. For
the example given, the upper limit of the master PLL loop SNR is the value p|p, ,,;»~0, shown in Fig. 18.
Hence, the theory seems to predict that the maximum improvement is less than the ideal arraying gain.
Notice in Fig. 18 that as B, gpr — 0, the simulated loop SNR (shown as x) approaches the maximum
achievable loop SNR of (10 + 1.5) dB, denoted by A in the figure. Next we turn to the aided-PLL SNR,
pHEF, which is also shown in Fig. 18 versus B stp/Bc,ugr. The aided-loop SNR as predicted by [12,
Eq. (61)], namely,

1 ¢ 72 (4G + 10) 1 293G +5) 117"
- - _ le+2 : 1— 66
prer Ty {3 G psrp [ e aats) " PHEF 3(G?+2G +5) (%)

is shown by the top solid line in Fig. 18. The quantity p}{EF in Eq. (66) is the nominal carrier loop
SNR of the aided antenna and is equal to ((Pc/No)ugr)/Be,ner. Keeping B, srp fixed, and letting
B. ngr — 0, we find that pgpr — 00, whereas the simulated results (shown as circles) approach the
master-loop SNR. The simulation results for the aided loop are consistent with the theory and results
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for the carrier-aiding scheme in Fig. 2. Recall that in Section III we concluded that the loop SNR of the
aided loop is upper bounded by that of the master loop. Interestingly, if we assume that there is perfect
feedback from the aided loop so that the master loop is operating with a 1.5-dB improvement, then using
Eq. (45), we can determine the upper bound on the second loop SNR, which is represented by (—-) in
Fig. 18.

A. Example: Simulating an Array of One 70-m and One 34-m Antenna

As in the two previous schemes, we present the degradation and loss for a two-element array of one
70-m and one STD 34-m antenna. The results are obtained by simulations. For comparison purposes, we
use the same exact parameters used before. The symbol SNR degradation results are shown in Fig. 19,
and the SER performance is presented in Fig. 20. It is observed that the degradation and loss results are
better than the carrier aiding and worse than the carrier-array with a single PLL example.

-0.2 | | | | | | I
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o (®)
©
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% 10 70-mB. =13 Hz -
) 0 34-mB.=0.1Hz
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" Rsym =200 sps
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-2 1 0 1 2 3 4 5 6 7 8
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Fig. 19. Degradation (simulations).

VI. Conclusion

Three similar techniques that use carrier information from multiple antennas to enhance carrier acqui-
sition and tracking were presented in conjunction with baseband combining. It was shown that the carrier
arraying using a single carrier loop technique can acquire and track the carrier, even when any single
antenna in the array cannot do so by itself. The carrier aiding and carrier arraying using multiple carrier
loops techniques, on the other hand, were shown to lock the carrier only when one of the array elements
has sufficient margin to acquire the carrier on its own. The tracking performance of these techniques was
shown to be almost equal for medium and high data rates. For low data rates, however, carrier arraying
using a single PLL has the best performance, followed by carrier arraying using multiple PLLs, and then
carrier aiding.

198



The analytical expressions for degradation and loss of the carrier arraying using a single PLL and
the carrier aiding schemes were confirmed by simulations of the end-to-end system. The carrier arraying
using multiple carrier loops technique was evaluated by simulation alone.

100E | | | 3
- — IDEAL ARRAY, 0.68-dB GAIN -
B TTom - O NONIDEAL ARRAY, SIMULATIONS
107t —-— NONIDEAL 70-m, EQ. (19) —
1072 -
- o\ ]
x 70-m B, =13 Hz \
w 10_3 = ¢ —
@ - 34-m B, = 0.1 Hz 3
C BSC =0.8Hz N
1074 Bgy = 0.3 Hz -
= Rsym =200 sps 3
- MODULATION INDEX = 70 deg ]
107 = —
1078 | | | | | |
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70-m SYMBOL SNR (Eg1/Ng;), dB

Fig. 20. SER (simulations).
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Appendix

Performance of Two Cascaded Phase-Locked Loops

The analysis of cascaded loops was considered in the past by several authors [14-16] for the purpose of
determining accurate two-way Doppler and phase measurements between an antenna and a spacecraft in
order to determine the relative position and velocity of the spacecraft. Here, in the carrier-aiding scheme,
we are interested in determining accurately the loop SNR of the aided loop and the joint pdf of the two
carrier phase error processes. Therefore, to accomplish that, we can apply the results of [14], keeping in
mind that, in our case, the two cascaded loops are both in the downlink.

The proposed solution in [15], which is based on Fokker—Planck techniques and verified by simulation,
takes on the following form:

(o, 29) = P {as cos[(z2 — Tzi;al(ol;;; Zl(g; a1 cos(zy —ma)} a1
where
az = lo3(1—p*)]7" (A-2)
q = 192

within the region
—nm<x; <mfori=1,2

and

(11,20) = { (91,92) then (my,ms) = (01,02 + 91)
7 (¢1,¢2) then (my,ms) = (0,0)

The 01, o3, p; M1, and my are the parameters of the two-dimensional Gaussian density to which either

(01, 92) or p(gzﬁl, gbg) converge at high SNR, which must be determined in terms of the cascaded loop sys-
tem parameters in order to characterize the joint density function as given in Eq. (A-1). The results that
are stated here are specialized to second-order loops with imperfect integrators and damping parameters
equal to 2.
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